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ON THE NONSTATIONARY PARAMETER
OF STATE FOR DARK MATTER

Abstract: The purpose of work is a conclusion non-stationary the equations of a condition of WIMP-gas for
their various models - ideal gas (Mendeleyev-Clapeyron equation), non-ideal gas (equations type of Van der Waals
and Dieterichi). It is shown that their general dependence on time has the negative power. Therefore, the closer to
the Planck time, and also to the time of WIMP particles birth, the more state of non-baryonic substance differ from
the dust-like one.

Keywords: dark matter (DM), WIMP-gas, nonstationary equation of a state, early epochs of the Universe,
Mendeleyev-Clapeyron equation, Van der Waals equations, equations of Dieterichi, fluctuation of temperature of
relic radiation.

Introduction

It is known that the Universe (approximately) for 73% consists of dark energy, for 23% — of dark
matter and about 4% of baryonic substance — primary plasma and radiation. [1, 2]. We will note that there
is a classification of dark matter - "hot", "warm" and "cold". The last is most preferable from the
cosmological point of view. The class of WIMPs is among candidates for a role of particles of cold DM.
The peculiarity of WIMP is that their concentration gives not only the necessary contribution to the total
Universe energy balance, but also effectively describes the galaxies halos of dark matter.

At the same time, it should be noted that the most of previous articles were based on idea of halos’
static character. But later the idea that density of dark matter in halos may depend on time also began to
develop and, therefore, dark matter possesses by dynamic properties [3 - 10].

For searching the distribution of relic radiation in of WIMP-particles gas, we will remind that small
periodic indignations in the continuous environment represent sound waves. If these changes adiabatic,

the speed of a sound wave is described by expression v = (GP/ op )s . Since the entropy of the Universe

is highly constant, later expression can be used for study the substance of non-baryonic matter (in our case
- gas of WIMP-particles). So, first we will consider gas of WIMP-particles as ideal gas, and then — as real
gas in which parameter of state is nonstationary.

So, due to the thermodynamic balance of WIMP-particles with particles of baryonic plasma the
approximate condition takes place 7, oc~ T}, [11]. Therefore Mendeleyev-Clapeyron equation takes on

the form.

—— Y4 ——
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m
Py V= o RTy, . )]
)7,
It’s convenient to rewrite (1) as
R
Poy = Pou ;TBM 2)

with explicit expression of gas density at a given temperature. In our case, therefore, we are talking
about baryonic matter in the form of ultrarelativistic plasma. For the standard cosmological Friedman
model filled with relativistic gas (ultrarelativistic plasma), there is an approximate relation connecting the
temperature of primary relativistic gas with the age of Universe. It is:

_1
T, ~t 3)
From (2) and (3) it follows that equation of state of ideal gas, generally speaking, has the form

P, =o,, (t) Loy = Pou ETBM (l),So, taking into account the dependence (3), its state parameter

depends on time in the same way, i.e.

EDM (t)Z%TBM (I)Nf%' (4)

(il)) Van der Waals gas. Consider now the case of filling the Universe by real gas consisting of
molecules and described by the Van der Waals equation of state. (Another version of the description of
non-ideal dark matter is given in articles [12-15].) If the temperature is measured in degrees, then,
according to [16], it takes on the form

(PDM +N? Vij(V—NE):NkTBM, (5)

2

in which @ and b are the constant values that describe gas of WIMP - particle, k is Boltzmann
constant. Recall that the physical meaning of parameter a that it describes the interaction of substance

molecules, parameter b is responsible for accounting their sizes.
Let us rewrite (5) in the form that convenient for study of state parameter, -

a b R
PDM (I'H/ZP VZJ(I_V;jzpDM;TBM' (6)

DM

Here - 4 is the molar mass of substance, R - universal gas constant. Now our task is to combine (6)
with (3) and find an explicit dependence of the real gas state parameter on time. For further explanation,

we assume that b /V [0 1. This condition describes the real property of the gas from the WIMP particles,
in which its current size is essentially larger than size of all molecules themselves. In addition, it makes
sense to assume that the interaction of molecules is not too large. After these simplifications, the state
parameter of real gas can be express as a function of temperature as follows

R _/m’
Wpyy (TB ):;[1_V2PDMa/lqu2TBM2JTBM (7

or as the function of time of two components

)_CT)DM(t)oct%>0

py (1) = X . (®)
Wpyy () ¢ 72 <0

iii) Real gas Dieterichi links the main thermodynamic quantities in the gas. It has the form,




Uszeecmus Hayuonanvuot akademuu nayk Pecnyonuxu Kaszaxcman

T a
P=R———-exp| ———
(V-p) eXp( RTV) ’ )

were P - pressure, - molar volume, 7' - absolute temperature, respectively. In addition, there is a mass of
gas, and its molar mass. Finally, & parameter characterizes the interaction of gas molecules, and £

parameter describes the size of molecules. This equation can be rewritten as

p:p[k].T.exp % | (10)
H (1—1’) " vt
v u

For it examining introduce some additional conditions. First, we assume that ? <<1 as before.

Beside in exponent we’ll use the equation of state of an ideal gas - PV = —kT. As a result, after a series
Y7,

of calculations for dusty matter and ultra relativistic matter, we obtain, respectively

L2 [P /U D
a)D(t)+[lth exp{ a)D(t)-tzj 0, (11)

Kb exp| % | &
a)D(t)+(,u]t exp[ wD(t)J 0. (12)

Here are the @ and & coefficients that proportional to k/. For further calculation introduce new

a a
_W<<1 and —W<<l. After

decomposing exponential expressions into series according to the above specified parameters, we obtain

the needed state parameters
~ A 1 [4° 4B
=3 N A (9
_ A 1 fAz 4B

Based on the previously obtained results, we find that the temperature fluctuations of cosmic
microwave background (CMB) which corresponds to the real gas model Dieterichi. So, we find the
peculiar velocity (in the notations (4))

constants & =k/u,& =k/u. In addition assume that

v' =), ()=, (t)x t*%to (15)

and the corresponding fluctuation of the relic radiation

(%j =U,'3(t)~cosﬁocti%~cose. (16)
D

— 46 ——
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Note that the temperature fluctuations of the relic radiation for different observed angles were
previously considered in [17].

Conclusion

In conclusion, we note the findings.

1) The nonstationary equations of state of WIMP gas for their various models - ideal gas (Mendeleev-
Clapeyron equation), non-ideal gas (Van der Waals and Dieterichi equations) are derived.

(i1) It’s shown that total dependence of the state parameter on time has a power form with a negative
state indicator. Therefore, the closer to Planck time, as well as to the time of birth of the WIMP particles,
the indicator of substance state increases. This fact shows that the state of non-baryonic matter in the
earliest Universe is significantly different from dust-like matter.

The work was carried out within the framework of Project No. AP05134454 "Evolution of the
perturbations in the density of dark matter in a very early Universe", financed by the JSC "National Center
for Space Research and Technology", Aerospace Committee of the MDAI of the Republic of Kazakhstan.

Author express their gratitude to professor L.M.Chechin for the problem forwarding and the
permanent supporting for its solving.
Note that by comparing (1) with the speed of sound, it is easy to see that it depends on time like (4),

—1
i.e.as V=0, (t) =y, (t) ot % . This velocity is the peculiar velocity of the relic radiation, which

changes the rate of Hubble expansion. (Interpretation of this type of fluctuations is given in [2]).
Consequently, the temperature fluctuation of the relic radiation in the epoch is described by the expression

oT -1
(as we usually assumec =1) (7) =Uye (l ) -cosf oct % -c0s @ . So the variation of the temperature
Mc

of the relic radiation will depend not only on the angle of observation, but also on the time.
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A. AMaHre.nbzmeBaI, . KaﬁpaTKbBle, T. KOHLIcﬁaeB3

! On-Dapabu aTbIHIAFEI Ka3aK YATTHIK YHUBEpCUTETI, «B.I'. deceHkoB aThiHAaFbl ACTPOGU3UKAIBIK MHCTUTYTY,
«¥ATTHIK FApBIIITHIK 3€pTTeyJiep MeH TexHojorusuiap opransirs» AK, KP KAOM Asporapblin KOMHUTETI;
*Uonochepa HHCTHTYTHI, « ¥IITTHIK FAPBIIITHIK 3€PTTEYIEP MEH TEXHOIOTHIAp OpTalbEsdy AK,

KP KA©M Asporapsiln KOMUTETI;

3«B.I". DeCeHKOB aThIHIAFbI ACTPOMU3HKATIBIK HHCTHTYT »,

«¥ITTHIK FAPHIITHIK 3epTTEyJiep MeH TexHouormsuap optaisirely AK, KP KAOM Asporapsimn koMHUTeTi

KAPAHFbI MATEPH A YIITH BEACTAIIMOHAP KYM ITAPAMETPI

Annoranus: JXymbicTeiH MakcaThl - WIMP ra3piHbIH CTallMOHAPIIBIK €MEC TCHICYJICPIH TYPJi MOJCIbICD
yiiH - uaean raz (Menaenees-Knanelipon tenneyi), uaean emec ras (Van der Waals xone Diterich Tenneynepinin
TYpi )reHneynepin ecentey. OnapIblH jKaJlbl YaKbIT TOyeNAUTIrl Tepic ekeHuiri kepceriired. ConapikTan I[lnmank
YVakKpIThI MCH Bumn OeimiekTepiHiH maiga OO0y YaKbITBI HEFYPJIBIM JKaKbIH OOJIFAaH CalblH OapHOHABI eMec
OemeKTepAiH KyHi MaHTIPi3AECTEH COFYPIIBIM ©3TeIICICHE TYCEII.

Tyiin ce3mep: kapa marepus (DM), WIMP raspl, cranmoHapiblK eMec TEHACYi, OJIEMHIH epTe Ioyipi,
Mennenees-Kmamneiipon TeHneyi, Bam pmep Baanc Ttennmeynepi, Hurepepu TeHmeyi, DOHIOBIK COyJICHIH
TEMIIEPATYPAIBIK aybITKYbI.

A. Amanreasauesa’, JI. Kaiipatksibr, T. Konbicoaes *

! HannoHambHBIH YHUBEPCHTET UMEHH ab-Dapadm, « Actpodu3udeckuii HHCTUTYT uMeHH B.I. deceHkoBay ,
AO «HanuoHanbHBIN IIEHTP KOCMHUYECKHX UCCISIOBAHUNA U TEXHOJIOTHI»,
Aspoxocmudeckuit komuter MOAIT Pecniy6mmku Kazaxcran;
2I/IHCTI/ITyT Honocheprr, AO «HanmmoHaIbHBIN HEHTP KOCMUYECKUX UCCIISIOBAHUIN M TEXHOJIOTHID,
Aspoxkocmuueckuii komutetr MOAII Pecniyonuku Kazaxcran;
3(<ACTpO(l)I/131/l‘leCKl/II7I nHCTUTYT uMeHu B.I'. @ecenkoBay, AO «HanuoHaabHBIN IIEHTP KOCMUYECKUX UCCIICI0BAHUI
U TEXHOJIOTHI», AspokocMuueckuii komuteT MOAITI Pecniy6nuku Kazaxcran;

O HECTAIIMOHAPHOM NMAPAMETPE COCTOSIHUSI TEMHOM MATEPUM

AnHoTaums: Ilenpro pa®oTHl SIBJISIETCS BBIBOJ HECTAIIMOHAPHBIX ypaBHEHUH cocTossHus WIMP-raza mis ux
pa3IMYHBIX MoOJENeH - wuueanbHOro rasa (ypaBHeHHe MenneneeBa-Kianelipona), HeWacallbHOTO Tasza (THIa
ypaBHeHuid Ban-nep-Baansca u Jlutepuun). I[Tokazano, uTo ux o0Imas 3aBUCIMOCTb OT BPEMEHH XapaKTepU3yeTCs
OTpHUIIATENIbHBIM TOKa3zareneM. I[losTomy yem Ommke k Bpemenum IlmaHka, Tak U K BpeMmMeHH poxaeHus WIMP-
YaCTHII, TEM OOJIbIIIE COCTOSIHUE HEOAPHOHHOTO BEIECTBA OTIMYAETCS OT IBUIETIOI00HOTO.

KuaroueBnie ciaoBa: temnas matepus (DM), WIMP-ra3, HecTtannoHapHOe ypaBHEHHE COCTOSHUS, PaHHUE
snoxu BcenenHol, ypaBHenne MenneneeBa-Knaneiipona, ypaBHenue Ban-nep-Baanbca, ypaBHenue Jlutepuun,
(hIyKTyanus: TeMIEepaTypbl PETMKTOBOTO U3TY4YCHUS.
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